DE 



V ^ V 4 



I ' » l. 



INEARVM 




i-.VM 



•'^ 





GEOMETRICA. 

Autore M.P.E.A.S: 





TOLOS^, 

)ud Arkaldvm Colomerivm, Rcgis & Acadcmi« 

^ Tolofanae Typographum. 

. ' • ♦ 

M. DC. LX. " 



Digitized by Google 



1 




■■' TYPOGRAPHVSXICTOg0 -5 

Cyjld Differtatia ifia^ in nofitas non i^a 
pridem manusjffcultatp Antfiifit^omiru^ venity 
nouam iudicio peritorum Gedmettariim planamijuc 
aperiat viam ad curuarum linearum dimen/ionem% 
i re Gcometricafore putaui vt puhlice cxtaret 5 <fua-^' 
froptcr liltanfprsh nojtro edendam curaui. Vale^ 
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ONDVM, quod fciam, lincam curiiain pure 
Gcamctricam rcdtac datae Gcometrsc ad:E- 
quarunt. Quodcaixnaiubuii illo Matheuia* 
ticoiAnglo nupcr niuentuin.& demonftr»- 
rtiuiLoft*cysqU>td«iiiincmpe primarianidiainik^ 
mrirculi iplkm generantis cffe quadruplam , hoc finnn sx 
ientencia dodiirimorum Geomctrarum vidctur habcrcli- 
mitationem: ij qmppc hanc eile lcgcm 6c ordinem naturas 
)»r6nafi£iant vt.non iinat tattduri re&wciin»r»)lialcfliy 
i]tikt' prius fuppoliftiftefit &lk}i;eteQilitdf»c^^ 
Quod quidem m cxemplo cjcloidis ab ipfls allaco ita (e 
habcrc dcprehendunt, ncc nos diffitcmur,cum conftec 
defcriptioncm cycioidis indigere xqualitate alccriuscuri* 
-ux cum redayhoc eftciicuinimttniia^.cifaili cvdoidon^U 
nerahtii cum rediqaeeftbafisspfids cycloidis. SedqnaUn 
vcra fit h^c, quam ftatuunt, lex naturx,& quam periculo^ 
fum ab vnoautaltcro cxpcrimento ftatiniadaxiomapro- 
(^erare infrapatcbit» I\os enim curuam:verd<7i6qaicti[isaai 
48C ad. cuius c6nftru^ionem nulUmtiiilalceshis curuc cun| 
feA& srqualitas prxceffifie fupponatur, rddbedataisqua* 
lcm cifc dcmonftrabimus i & paucis, quantum fieri poten.( 
aotum ncgotium abfoluemus. . 
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SITinTig.f.curit^quasuis AkKGineafdc pi^rtesWruH 
excmpli cauBSVnaeit pjtaSfdlliiftfififiislk qultaAg&ees 

extra curua cum baie A F & axe F G concurrant, & fuma- 
cur iahuiurnK)dicurua quoduispun^m Hpcr quoddu-- 
catur rangcns IHK,.in qui fumptis ez vtr4qucpartc pun* 
AisKdcLibininnfcMr perpencliqMirti/iBifE.Dttb^l^ 

tangcntis HI portionc curusE R H cffc minorcm^portio- 
nem aurcm eiu£dem tapgentis HK poitione curuas HM 
dfejniaioFero;: Coqi cnim e& Ji^rpadloilMngcns K I oc« 
ciurobaft AJricaicp&diiiia^ 

nbr refto > idctyque i pnnte Hjuaitfji perpendieularisin 

rcdlam K I cadci iii pundu V fupra^punda B R I. Patct ita»- 
^piefic^aiii H V niiaorcm icfic rcdi H l9.itCAkre^kiam Jbi ( 
siiiiofcm efie ledi quae punda H &&co|iamgitifrgjo4 
&RfbcF«etta]iiiiiiobr crit pokroiic cums UiR^qiucijj^ 
'damab HadR dudam fubtendit^ quod primo loco fuit 
demonftrandum. Aio iam portioncm KH portjone curua^ 
HjM^eflc maiorcm. A puado K^diicatui^ad eaodcm cur^ 
Moi taagcifs.K M & dcmiefanir pcrpeodicBlaris N £» £x 
praidemoi^raift: |ifobatum eft reAain K N cCcmhiorem 
pottione curuac NM: Scdex Archimcde fumma tangcn- 
tium H K > K N cft maior tota portione curuae H N. fcrgo 
fortio tangentis^HK portione curux HM>.maior cnfi^. 
Qttod fecuncb locoAit oftcndcnd^um^ Mec moocat taar 
gcnteoi<sb.pmiAaK vlmpandum 6 aliquanda ounsac oc» 
currcre».Hocenim cafu aliud putidum inc r IT-Sc M fumi 
potcrit, & omniaad pra:ccdentcm dcmonRrationcm ap- 
tafiu indc fcquituif ii a {un Ais K 6c L ducantur perfcndicur- 
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iMlbsaiiaxeixKurttam in pvodii&A P fecaoteib boe cafii 
H-Ecunii RtAcffeniiiiofi^iuiSitfiit» iimginesmiiriinwr» 

ti figuram ica vc axififf|lociun iiaftos^ h$fts jn Ipcum axig 
iratisferatur/noni (bligni (usilis inrhoccdru^ieiie^fiem.om- 
liino eritckmoiiftiatio*;:!.. 'px fi^iinoi/roq ci-'.-- • /\ 
: I>atet iutciaii e3fiipslooi)fttiiM9iie , & i;f:Sa( B QMQ B 
iiitf aiquaUs^otilioheft AngenlM^Hi 4rHK tiSk tiem tnfdl 
(e 2i^u4esxqupd umencfummQperc aoianckm. ^ > ^ r> 

AD dimenrioncB^ lilieatikili^ i^ilnlarttai' noir ^riimiic in^ 
fcripcis & clrcumCdripcis ^olMUrchimedeo^fedcifi' 

cumfcrjptis cantiim-ex iponionibus tangcacium compofi*- 
cis^duas enim f(tries^ taiigf»aum^e«Lhibenms:qiiarui|i 
maior eft curul'^ altera miiiDCixlemoiiftratiQttem aurcm 
mukofiiciU^otf qii^ielci^Ioaemp^ circiiaifcriptas folos- 
euadere Analyftat ex|pitmntuii.'t ( -n-i .ff ni .! i/ 
' PoiTibiie igitur, vt vult ii^ctho/dus ^^cWmcdca , prof 
nunciamus cuiiibcc excuruisiam prsdiC^is.circunifcnhcrfi 
ituas figoras.ez re^s c(^^amI|oacom^VBai]iflf>oret:j|ttr- 
«am intefutfllo qO€>ai9d8mfDaK)|r«^:iltera 
turacuruaintcruallo etian^dato.-lnifaoreL' • i 

Exponacur curua aliqua cx prardi^is in 2. Figuni.. 
Sccccur baHs A Fin quoclibecporcioncs atquaie$> AB^ B 
C, C 0>0 EiEVjf O^ik iTWtts.B)»jQ;».i>y^ FyaA- 
gancur pcrpcndiailaro» B Q^, C V,pDZy£R,FMj qu# 
occurrant curuac in pundiis P>T, Y,N, O;^ Ducantur 
itcm tangcnccs A P V, T2,. Y R ^ NM , OL Ex pri- 
ma propofiti0Ue'P«U]ei.tiln^ta0tA;(^(poifioM^^ 

Allefl^ taili^t^mikwt^ y>p9nii»ntfrciinjy 
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eoiiAaittim^bi9tiiiibi»i Vj^X 2m,;Y 

, N> M V O I -^^naAtd tnua» ipfii mior critbi ; . ; l ^ : ? 

A G in eundcm portionum xqualiuch.niijiliftruni^jdittidiMttr 

quae^occunoniicurose inf undssSvPjNi K. A punodo 
autcm S in hac tcrti^ figura^ ducatyr tangens S T, occur- 
rens perpendiculari A T> deinde a pun(flis P , M, K, H 
diieafloir/tangentes RRfy» MQ^HMO^KL» HiQccurri»!* 
«B» i>GrpciidicttliiHbl»&S9 C«iiDN^£ M, F Kvirpuiiab 
R 5 O 5 Lvi»^ Ex pi ima propofitioncpatet taogctitcm 
S T portianc curuae A S cflc minorem , item tangcntcm P 
JiCpoctioiic curua^ P.S.e£ro«xninorcm & nc doipccpsj UUr . 

KH eflemindreni, Ergo (iguraMirfbmft»iayBMiii>ttri^ 
'tangcntium ST,PR, NQ^MOj KL , ^ I portioaibus 
curua ipfa minor erit. r ■ 

• Cum autem ez caro|lana propi>fiiiDni» ipfimx partes 
-caognttmi/ab eaikfn p«iAo»«ilruie^efin^ue produda^ 
rum & porrionibBsrba^^iimerrkiJefaliiiMiybils oppc^ifa- 

.rum fim intcr fc aequalcs :patcrcum 2. &: j.riguia; cur- 
iuap fupponantur xquales aut cadcm potius, licct vitAoda: 
•CQfnftifiotus cj|iflkcdiia^£gMfasidc&n|^ > tang^otm 
^Sp xittik figui;a£ filqii^tnr ^ti taiigteilP y i€€|uodipfi* 
"^gafrxj cum enim pun^um S in tert^ figura idcm pmnino 
firjcum pundo P fccundx figurx & portiones bafis A B, B 
^^iin waqiiOi^giU^a^iifiDint^ifQatqttale^j^f^iitio tanr 



Digitized by Googl 



PhzbffbicorfimHbercungcfiMirifP R*; .figithB-2i|itflflein ciTc 
tangcnri 1 Z 2. & fic dc cactcris. Quo pcrado conftabit 
prjniam tamuixi iigurx.i6c ^itiii3amf3.miUicx.po];ttoiii- 
ba&figurx cbQtrarii>ddqudles pffiQ<i&itocA»ig^ 
gnm ieaHKla^^em dmhunit db Hlfifl| qiiaroaiigfiibD^ A 
figura! fiipetaif tangtocem IH ^ Jlgiif Sed rdAa. 1 H pro^ : 
p«r parallclas xquatur portioni bafis FG fiuc ABj fup- 
ponuiuur oDim omncsi)atijSvpactiUUiS3«qual£»ioi^aque 

bits'co»po0U.fiif oraf! figusafek tQrctam:>iix cangcntibus.i 
curua minonbus campofitahi eoipfo quo in 2. jigura tan- 
gcns A QJuperacportionem baiis A B ipii oppik^oy incjgcr . 

Si igtcur velilfadrdiui^ Ag^ris^tiltu» artiiitircribere, al- 
tmn.nnuorem<ciirtta» akeri«'mr6 nmoMn^ qiijr fetn- 

uicem cxccdant interaallo min/t^re qufrcumqiie 4ato , fa- 
cillima eric conftrudio LCutn^ .caifD^cxLmechoKibiitangcnnp 
tiltm iam cognit^ detur unget» ad piln(^M Atjtdabitur an^-: 
guhl^ qA B^lfidangulus As&s^em^f^^^^-^ttrri 
gulnA QA Brrpecie; daturtcii^iMiicif Ibfftar A A B* : 
Caocndu itaque cft vt diutfio-biifis^ita inftitMatur vt difFc-j;, 
rontia reaarum Ai^6CiA^XiCiiniliAtqua^uaK)iicre4;^ 

Qttod ha afibqueiiiiirfi-^^iMSUS du^ftXi^as in da&ar . 
iiatioflie que fe inuicei» «bcttdaHc rada4ic4 4te fifttf^noci ;^ 
f% qu« data eft. Hoc auttm proUema eft fwiA^ & jcpraii- ; 
dam deinde vt portio quaelibec bafis AB iK^n rit|iiMikior 

auiM>rcdttai!iaiiu{ujpdi^|ti«i^kittv^ h - . 

Xum igtii»liMffact6iic iiiim«aiiiiiip>di«^^6g^<laiCliM ,i 
oicufflfcripta^y cenrarjBiia^^ il^KU<i?toi«3f «QiifH^I 

jgjyUa 1 quae; fc iftuicenj; «Loedj^ iiwcttjUii», m^%^,it¥^c^:y 



cvmcpi^JkMOgi fortibiimaior^ df^ciimftrlpi& ftf«arabir 
cursamliiicecfiillvadhue tfiiiiAiie» &»mim>i?6x ckciiiiilbri4 

ptis fuperabitur a curua inccruallo adhuc xninorc« 

Patec itaquc cx noftra hac methodo per dupliccm cir- 
cumferiptioQC commodttm prxberraditum admcthodum* 
Af«^tfiodeiiin cumragicurdbdimciifioiielfiieanwicura^». 
rotfL' C^odfeitiel nr.oMii^ • 
His pofitis recure pronuntio inucniri 'pofTecuruam vc- 
rc Geooietncam datx tci^ azqualcoi. £a vero cftvnaex. 
infihiuty «|uatt^imi%caiiitiiruA^ iUa.qen^i 
ifi ^(ulctibi iq>plicatahim wimiGA fimt iaceBie irc cpmdia^ : 
ta portionum axis, de quo nc dubite];it Gcomctrae ita brc* j 
uiccrdcmoniiirpi.' j ' . . i 'i " :) .oir. | .^ij ^ j,: . . <.j-r- 

StT in; 4, gtgura <pagalw4c>jquam: laiy iadic m iiw m 
MI VA cuius ^tex A, axisAN, & in quafumpto 
quouis pun<5bo I & dudtis ^crpendicularibus fea applkatia 
ad a^m be^ MM^pti y cubusrtedUi^^MNfitcadiOubami} 

redto W,wi{u^mmne^B»i4^ t^,-* 
idque (enipc^c#ftdfigi0tf:^probaiidum)e|bd^ Atviu 

d^xse/ Mk\mhm^6(Ctji^it^t JaiU3^ AM,sad^ 
quadFatum^applk^£EH!^M<iitlf it^(^^N^^ Aj^t^ 

ditofQiMfi^ tai05fl£bc eft<MiAirtrfttfc(AiI>fa 

uis a#iOipunfd<^ ^'1, fbliHun^lib^i [ASni^aqa^cbirurm A^B': 
aequari cubt^ j^^pfhcmk^t V^pi^^ 
n€^kiihdiXbuscnitPi non lmiimvamuPtitaotdmmi3gcni3d 
pMiyiiiifflicBti <6t4lhel)0 E mpiji em ueMrtn AJ^iatpMifeiiai^ 
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ir^ AE «fleikiplftmi kfeoquear^^ 

ede vt> ad ^poulranm verd Tt&st EF eflc ad quadra- 

tum ic&x A F vt p.ad 4. A reda A D abfcindatur nona ip- 
fius pars C D,& rcliqua C A bifccetur in B,crit igicur D A 
ad A B vt 9. ad 4. fiue vt quadnuum E Fad quadmtiim A 
F. Solidum itique (iib A D in quadratu A F aequareerit (b- 
lido fubquadrato FE inrcdam AB. Scd foUdum f ub A 
D in quadratum A F eft «quale cubo vcax I F , ergo foli- 
dum fub reda A B ia quadratum £ F eft a^qualc cidem cii- 
bo reOas I Fi eft ergo vt quadrMimEF ad quadracum IF 
ita refta IF ad redam A B, Bc componendo fumma qua- 
dratorum E F , & F I hnc eft vnicum quadratum tangenti» 
i E eft ad quadratum n^, vt fumma redarum IF & A B 
adAB. " 

Sx autem ducatur i punAo I peipeiidicttlaris ad bafim 
rcda IH & alia quaeuis perpeiidicttlaris CQVO occur- 

rens applicatae I F in Qj^curuae in V & tangenti in O, pro- 
pter fimilitudinem triangulorum erit vt I O ad I QJiucipii 
asqualem H G ita tangens I £ ad applicatam I F,& vt qua» 
dratum I O ad quadratum H G iu quadntum lE ad qua- 
dratuiti I F. 

Vc auccm quadracum I E ad quadratum I F, ita fumma 
reda; IF & A B ad re<aam AB- Ergo quadratum I O ad 
quadratum H G erit fempcr vt fiimma redarum I£ ^ A B 
adrcdamAB: QaoddemDnftnttreoportuit^ 

inde Aqaitttr fi rcteM Npoiiatur in diredum reda N 
X rcdx A B aequalis , cffc femper vt quadratum tangentis 
I O ad quadratum redae H G , vei vt quadratum tangentis 
lY ex altera parte ad qaadratuni rcdx oppoiitss RH» 
Vttobique enim propttr paraUdae ead^m eft ratio , iu rc- 
Aam H X ad tei%am N X. RcAa eium H X acquaiis eft fum** 



lO 

mx rcdarum IF, & AB, SctcAz NX cft «qualis AB; 
Hocaucem pacaex conflrudione^ reda enimHNpro- 
ptcr parallelas «qualtscft redac IF> Sc 4rdiqua NX&fta 
cft aequalis fcto A B. ^:"?'" 

; PROPOSITIO IV. • 

EXponacur tn f. Figura noftr^ haec pars4>olaAX £ 
cttius fit ea^i vt dizimus» nacura vt cubi applicacarum 
linc inter fc in ratione quadracorum portionum axis : Sic 
cius axis A I>bafis auc femibafis £ I 3x datis axc A I & ap- 
plicata I £ inuenitur » vt fuperius diximus , redum lacus A 
D) a quo abfcifla nona ipfiui parre CD» Qc reliqua AC 
bifiuriam diuifa in B, fccctur bafi^£ I in quodibcc libue- 
tit portioncs aequales EF,FG,GH,HI & a pundlis F, 
G , H excitcntur pcrpcndicularcs F X , G Y, H Z curuae oc- 
currences in pun^is X , Y ^ Z. Ad pun6^a autem £> X, YyZ 
ducancur tangences ^&^XS^YT^ZV occttrrences pcr- 
pehdicularibtts FXsGY^HZ^IA produdis» in pundis R, 
S, T, V. Ponatur rcda: Elin dircdum rcda I K a:qualis 
redsE AB. Patct ex praecedcnte propolitione & ipfius co- 
rollario quadratum tangcntis Z V ad quadracum redac HI 
clTe vt reftam H K ad rcdam K I. Simiiitcr vt quadratum 
f angcncis Y T ad quadratniil tc&^ G H ica redam G K ad 
redam k i ; item quadratum tangcntis XS ad quadratum 
xcdx F G vt rcdam f k ad rcdani k i ; deniquc vt quadrar 
tum tangentis £ R ad quadracum redac £ F ica r^dam e k 
ad redam i k : His pofitis i-punAo x.cicitetur.i[ h pcrpeni- 
dicularis ad ircdam £ k » & fiac rcda k l aequalt» redtx k r 
fiue A B : Intelligatur iam per pundum k tanquam vcrti- 
cem » axem aucem x £ , defcribi parabolc fimplcx fiuc ikT'» 
chimcdcaciiiwxcdittnllttw %h 
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QjKl^qtiMtxtiteacur per^Kidiculares E CK F Pi G H 
I.'M i|ii«'«niiir9 vt paxdc^ applkata^ paftibblae & di- 

redum pofirsc perpendicularibus FX,GY &c. Quadra- 
tum tangchtis Z V, vt iam diximus cft ad (juadr^tum rc^a? 
H I vt reda H K ad redam I K. i 

Scd vt reda H K ad redam I Kjta fingulis in redam K L 
duftis,redanguluni fub H K in K L ad redahgulum fiib I K 
^ in K L,Te6iangulum vcro fub H K in k l cx natura paraboli 
Archimedeae ajquatur quadrato applicatx HN,& rc^^agu- 
lum fub I K in K L xquatur quadrato redix K L>cum rcdae 

1 K>K L fa^ fuerint aequales : Erit iginir vt ^uadratum H 
N ad quadratum K L ita qukdratum tangentis Z V ad qua- 
dratum rcda^ H I, ideoque vt rc6ia H N ad K L ita tangcns 

2 V ad redani H I.Similitcr probabimus effe vt tangcntcm 
y T ad re^am GH ita applicatam G O ad K L : Item vt 
tangentem X S ad rcdam F G ita applicatum F P ad K L» 
dcniquc vt tangentcm E R, ad rcdam E F ira cffc applica- 
tam E Qjid K L. Cum igitur fit vt tangcns Z V ad redam 
H I ira applicata HNadKLy rcdanguiui^ fub extrcmis 
xquabitur reftangula fub medii$> idcoque redangulum 
fub N H in H I «quabitur redanglilo fub K L in tangen- 
<em Z V. Similitcr re^angulum fub O G in G H sequabi- 
tur redangulo fub K L in rangentcm YT, item re<^tangu- 
lum fub P F in F G acquabicur redangulo fub K L in tan- 
genteffl.R S > deniqt^ f (edangii}um fub £ QJn E F asquabi*- 
«f)ii'r relftangi^^lub KLtin nngcriiem : Quid autem 
pluribus ia re pfocliui & iam ad methodum Archimc- 
deam fpontd fua vergcnte immoramur. Per infcriptas' 
«nim 6c€iscumfcripras in fegmento parabolico figuras^re- 
Avigula oiimja<^£J'»£iF 69.00.«^ N H ^ fegmcatum 
iplm paraboli(ttS^ 
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taogentcs ER»XStYT,ZVper iceratam fixmdim qo« 
&rx prxcepca mcthodi ctffiitiBfcripcioiifim^^ ipfaai 

E X Y Z A ctiam defigiuibunt ; ergo fegmentiiiD panboli- ^ 
' cum E QM. I acquatur rcdangulo fub K L in curuam E X A. 
Datur autem in rediiineis fcgmcQtum parabolicum £ QAt 
I, quadrauit eoim paraboiam Archimedes idc6queipfius . 
fegmenta. Ergo redanguluni fub kL in curuam EXA 
ctiam datur : datur autcm reda k L. Ergo datur curua E X 
A & ipfi alia rcda poccft confticul sequalis^quoderat de- 
monftrandum. 

Si jmbHfdim tamin bdc dm^nftr^ak tnnitdte nimii Ubo* 
rare videatur , tam integram injiftendo yefligiu ArcbimtdcM 
non grauamur /eparatim admngcre^ yt earn Ugant ^ exami" 
nmt qni fufmora non fufficere extflimabunt, Probandum tft 
' figmintum fdroMicHm E 1 re^angu/o fub datd K L in 
cnruam E X A itfUdle ejfe. Fiat €X Arcbimidi fegmentnm iiiud 
faraboltcum E ^Jd I aquute reffangulo fuh datA reHl K L iit 
datam reUam Si probauerimus reSiam aqualem ejfe curua 
EX A cmftabit profojitum, Aio itaque reUam ^ curu£ EXA 
ej/i aqnaiem. Si enim MfuUis nm eft, erie^l msier yeimmor. 
Sit frimi reBn ^ mnior quim euma EXAO^ fit emrnm ex- 
cefjt44yfl fieri pojflt rc^a Ex propofltiene fecnndi bniw fojflo^ 
mtu curua EX A circtmfcribere figuram ex portiombus tan- 
gentium comfbptam qua fufcrct curuam interualio minorcre&U 
4 f ig^*'^ tlU circnmfcr^ i2r« m JtgnraJ^faratd , quam 
etiam quintnm tomane cbaraShreneianimmey ceHu^srifemitta 
conflet ex fortionibus tangentium EKyX SyTTyZiV ^circum^ 
fcrtfta ilia ex prademonfiratu eft mMrcurua EXA. Scd ^ 
teffa ^ fo^ eftmaiar eAdemcurud. Cum erge citcmnfcrifta 
fufcret eermam nmmineimUio qukn teOik ^ fmfvm umdm 
curuam i Ergo cinumfcrifta minor eft rcOa^f^^ &e8fagnbnn 
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iittfi$$fiJ^pe£id K L i» ctrcHmfiriftam efi minus reSiangulo fub 
KL m n&mm M nSUiguitm fmb KLi» 0 /satm efi 
MipkUi fegmento parsMico E J^jlf I : Ergo nSangtJum fiA IC 
L in circumfcriptam efi minus dtSio fegmento parabolico 
M L Probammus autem reQangulum fub K L tn portionmta»" 
gmtu EK ^ftmri fe&angulo fub inEF^itm nSmtgth 
lum JkbKLinXSaquarir^hngiUofubPFinFG^itmrt' 
&angulHm fuh K L in T T k^nrt roSUngulo fub OG in G H, 
demque re5Iangulum jub Kh in 7LV aquari recianguLo fub N 
H inHIy ergo roHangu/um fub KL in totam circumfcriptam, 
e/i £fnn/€ /nmmd re&angniornm ful» ^JS in EFy fuh PF 10 
FG.fub OGinGH€P*/iANH inHL Si nmtm in reSns 
FPfGO, H N yl qua fenfim decrefcunt qua propius acce- 
dunt ad yerticem paraboU > continuatas demittantur perpen-' 
dieulares fen paraUoimksfiy kpmUis ^B^OyN recia 
FifOXyHip. PatnreSUngn/nm^^Fyaqua/eeJfere&an- 
gulo fub ^JS. in E F, itm reffmgninm OF aquari reffmgnla 
fub P F tn F Gy reSiangu/um ?^ G ^quari reSidngulo fub 0 G in 
G Hy denique re^anguium cp H aquari re^anguio fub NH in 
H /. Ergo reSmgu/um fub KLin circumfcriptam efi afnaie 
fe&anguiis yBfhFy Xi^y ^H. Sed probamimm fe^agnlum 
ftA KLin cifcnmfcrtptam ej/iminns fegmmto paraMico 
M 1 y ergo fumma reCiangulorum y E, ::fF , X G ^ cf,H erit mi- 
nor diSio fegmento paraboisco E JjJH 1 ^uod efi ahfwrdum^ iUa 
enim reSmgnla eonfiitmnt 'fyttam ex reSangnlis comf^am^ 
fegmento paraMco» yt patety circumfcriptam jideoque ip/i 
fegmento maiorem, ReHa itaque i2> »on efi maior curud EXJ. 
Sed neque minorem effe probabimus. Sit enim re^a ^ minor 
cnrud EXA fifieripotefi, o* curua fuperet re&am^ inter' 
emBn 4» Cketm/ eri me m in figuri fepariui {^fnmepimtfmm^ 
rmm^^airilSkrmfir^ )figura\onfianrf^fariiemthm 
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tAng€utii4m cwrui E X A minorum ; fid quam tammiffi^ ctntmd 
fufcret interuaUa^ntniH iffi 'Etft^ilU figmmeiBfiMnst» 
portiomitis tangentimm XR^ TS» ZTy Cum itaque ewr^ 
un ftt maior interuallo O* eadem curua fuperet circum" 
fcrtptam intermllo mimre ipfo (J[ , ergo circumfcripta erit ma^ 
isir nSi |S ideQquere&angulum Jub KL in circumfcriptam erit, 
mditts figmentb paraMko E L Std teUmtguiim fithK 
L in cirettmfiriptsm sqitatttr tx prsJ^tmmflratis nffangtt/if 
fub?¥,in FEy/uhoC, m G F ,fub N H in H G ^fub M 
1 /» I H. Eji eum yt XRadF E ita F P ad iC.L, ideoque re- 
^&angulum fuh KLinXR aquatur reSiangulo /uhFF tn¥ E 
O», fic d$ reliquis» Cum igitm^ re^angulum fuk ^KL iu eirtmtt' 
fcriftam fitfnaius figmento^pdlrahtieo E^^Iy trgofumma 
retfangulorum fub P F in F E ^ fub OG inGF ^ fub NH m G 
y ^ fub. M 1 ia Hl eft maior diSio figmmto parabolico , fed 
omniu. ittu rtGfmtgu/aJuGlis ptrptudicuiurHms ftu bufi parullt* 
lis reG^ Pyy OB^, Nh^ M <p ejuu omnts eadtut in appiicatas 
inira parabo/amy prout enim applicatamagis dijlant a vcrtice 
eo magis fcmpcr augentur , erunt isqualia reciangulis P 
OF , N G y M H. Ergo fitmma omuif^m tliorum reSiangulorum 
PE'»ftPj HG^MH» tritmaiorfigmtutflparatoiieo, J^uod 
tfiihjufdkm VitAinpUaiumilta PiEv*^F> NG> MH eom* 
ponunt figuratn exre^angmts compofitam ^ ipfi fegmento pa- 
rabolico ittfiriptam y ideoqueipfo minorcm, Re&a itaque (iuou 
tfiminor curud hX A. Cum igitur nee.fit maitr^ ttte*mi»or 
trit iff.atutna uif^s. JHuod profiteiusryt oumi^^rtmmttattr 
fcrupuitts ^ fiH$tJUmonfira9Hlum.\yr>^ 

Ex iam demonjiratis patet eadem fdcilitate demonjlrari poj^ 
figmentum paraboiicum qufidms.£ F d prfore abfctjfum,re» 
&mgulofi»bda$t^KJlfi»eum^ Jdtofut fi 

jitttr. iuibafiquadmsftmiifu^MJSf^ 1%^"^. 



Digitized by Google 



15 

imi f4lh$Mi€m B F i» T$Silintis dtnur , Jsri etiam o* 

nSangulum fub KL datA itffmimm curua EX$ datur au- 
tem re£ia KL, ergo curua E X, Dato itaque quouis fun£io 
i» bafe ytFy dari portianm curua ipjiofffium O* rcQam ^ojj^ 
ajfgndri btnc aquahm.mmtififitimefii. , . ^ 

Nec moaeat ad rcdtin illain curiiae £ X A arqualeni in^ 
ucnicndam, conftrucndam videri parabolam fimplicem , 
quo cafu problema folidum cuaderer. Cum enim fuppo- 
nactir ad vcritatem tancum inquirendam & demoDftratio- 
nem riti conficiendam parabolasL illiMs defcriptio $ nihil 
vetat quo minus' calculum ipfum diffimulati illa imagina- 
riaparabolx dcfcriptionc, pcr rcclas 8^ circulos & cxpe- 
diamus Sc exhibeamus. Is aucem calculus, nifi fallor, taiis 
eft» Bfto in figura fexta^ curua parabolica D A C eins na- 
turac \x cubi applicatarum DB dcNM fiiic inter fe vt 
quadrata portionum axisBA&AMi denturautem altitu- 
do A B & femibafis B D, aut tota D BC . Aio dari redam 
curuae DAC aequalcm ( quod iam probatum cil)incal- 
culo vere Geometrico. Sit redum iftius parabolae latus 
reda A O , quam datam efle ex datis axe & applicata ex 
fupra didis conftar. A rcda A O auferatur nona ipfius pars 
E O , rcliqua vero A E fiat icqualis rc^kx y k , cui in dirc- 
dum ponatur KA* xqualis appiicacs fcu femibafi DB. 
Super reda Y Xtanquam diametro defcribatur femicir- 
culus Y T )C & rea& T K bifefti in punAo R excitetur per- 
pcndicularis R T femicirculum fccans in T, RcdxRT 
fiat xqualis reda R V & fuper reda V X tanquam diamc^ 
tro defcribatur femicircukis Y ad cuius circumferen- 
tiain ^ piindo.& excitetur perpendicularis R Q. Super re- 
^s T R i R Q^deicribantur femicirculi T P R , R G QjSc 
ipfis appUccntur rc^ TP 9 RO quae fmguke finc ipfi R Y 
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scquales. lundlis autcm re^isRP, QO: AloxtiiiB|iiiBi|i 

ciinue jparaboliuB D A C «d hafim D B C tSe eamdem 

qu£ eft dupii quadrati Tt6tx QG ad triplum quadratum 
Tcdx RP ideoque cffc datam. Fiat itaque vt triplura qua- 
dratum iQdx RP ad duplum quadratum re^as QGicare- 
^a D C ad redam IH. Reda iila lUquat daca eft cx con* 
ftrudione, aequalis ertt curuas parabolicae D A C* Quod fi 
cum prxccdcnte dcmonftratione non conueniat> abipsa 
cric emendandum. 

St hsecnon (tifEciant ad obtinendum a Geomccris vc 
noftrar hxc curuaparaholicainter admiranda Geomecrijc 
coUocetur , illud forcaire ab ipfis qiiae mox fcqucntur im- 
pctrabunt. Quid cnim mirabilius quam ex vna hac curua 
dcriuari & formari alias numcro infinicas non fqlum ab 
ips^ fed intet fe fpecic differentes quae tamenfingiilaere* 
&is datts «quales effe demonftrcntur ^ Propofitio gcnera- 
Us bxc cft. 

' Sitiny. Figura , curua noftra parabolica CMAcuius 
alcitudo A B , femibafis C B & ab ea curua formentur aliae 
in infinitum hac rationc vt dudis perpcndicalaribus ad ba- 
fim redis DMNL, EKIH vtcumque, fecantibus cur- 
uam in pundis M, K, noua curua CNIG ex liacpriorc 
formanda fit eius naturx vt reda D N fit fcmpcr aequalis 
portioni prioris curuae nempe C M ipfam rcfpicientii iccm 
reda £ I fit aequalis porttona prioriseuruas C M fic in 
omnibus aliis qutbuflibct perpendicular3>ns. Haec nojur 
curua CNIG critdiucif^apriorcfpccici. Formeturpa- 
riterab ipla^tertiacurua C L H F in qua rc0.x D L>£ H finc 
fcmper xquales portiombus cuntis C M C N I fccuiKUe 
curuac. Et i tertia p«ri rationc^fiDrmccbr 4. i quana quinca^ 
a quinta fcxta 6c eo progrediamur miafinitum ordine. Aio 

omnes* 

• «...._...* 
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osaacs» ifias cunias.CNIG, CLHF & rellquas in infi- 
mtiun permde prunani parabolicain C M K A re^ts da- 
tis acquales efle. 

Nocandum autem iflas omnes in infinitum curuas eife 
pure Geometricas , nec in illis itaque ad legem iUam & or- 
dinemnacurx dequsbus initip huius difTertationls locuci 
fumus recurrendum. Licet enim redae D N & £ I curuis 
CM 6cCMK fupponantur xquales^esedem tamen ipfz 
non tam fuppofita: funt quam cx pra:di6lis dcmonftratae 
cfle paricer re(^is aequales. Datoquippe quolibec pundo 
D y cum ex prat.cedentibus detur rofta aequalis porciont 
curme C M ; ergo refta DN quac curuae C M ex conftru- 
dione ponitur arqualis , vt rcdla verc data non vt sequalis 
curua? confiderari debet, & fic de rcliquis. Curua igitur 
fupra dcicripca CNIG vere Geometrica efl: y quampoft- 
quam aequalem e0e reA« dacc demonfirauerimus feque* 
tur terciam curuam ab et fermandam nempe C L H F efle 
quoquc purc Gcometricam 6c fic omncs alias in infini- 
cum. 

Demonftracio difficilis non ericfiprius praemiferimus 
generalem.qusc huicoperi omninb inferuic propofitio* 
nem* 

PROPOSITIO VL 

ESco in.Fig*S. qu^slibec curuaciufdem cum praccedeiw 
cibus nanirat O NR» cuius Venex 0> axis vel applic»» 
ta O V I , eadem enim (emper eft demoiiQratio dt ab cl» 
formetur alia curua O A£ cuius ca fit proprietas vt appli* 
cacac fmc aequales porcionibus abfciffis a priore curuA^ 
eicempii gmtilL jq^ticai a V A fit acqualis xvatmc OH^sg^ 
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plicatftl £ fu asqualis curuas O R & Ik dereUqitis : Adicto- 
tttfti punftum iik' noui hic.curui ducctni^ xmgens hqc pa* . 
do : Stt dacum pund^um E , ducatur applicata E I ferans 
priorem curuani in R , ducatur redta R C cangcns in d\do 
pundo R priorcm curuam & occurrens axi in pun^C, 
&at vc R C ad C I ita rcda I E: ad sedam I B^dc iungaiurE 
6« Ato -rcdiam E B taogere nouairi cu^uaip £ A O in pun- 
do E. Sumptoenimquouispun<5to inaxcvtV>& ductaap- 
plicaca V N A quac fccet priorcni curuam in N, tangentcm 
R C in S ) fecundam curuam in A > rci^am vcro E B in Y, fi 
probauerimus rc^m V Y femperefle maiorcraapplicata 
VA, reda £B non fecabic noaam curuam ^parteverti- 
cis* Hoc aiitem facillinic probanius. Rccla V A cft xqua- 
liscuruseON fiue differentiae intcr curuas O R, NR: At 
rc^a RS ell minor curua RN per cQn&d:arium prinue 
propbfitionis^ ergo differentia incer curuam O.R &Te^am 
R S eft maior difrerentia inter eamdem curuam O R & curw 
uani RNi fcd curua V Y cft itqualis diffcrcntiae intcr cur- 
uam O R & redtam R S vt mox probabimus y ergo re^a V 
Y cccurrens rc6tx E B eric maior re&a V A occurrcnteciir- 
uae O A E > vnde patet omnia punda redas £ B vcrfus ver* 
ticem efle extra curuam ; ide6que reda £ B curuam ab ca 
parte non fecabir. Immo nec infcrius. Sumatur cnim quod- 
uispundum vt H a quo ducatur applicata H Z fecans prio* 
r^cuniaminD» tangentem RCprodudam in F,fecun- 
dam.curuam in Z>6c redam, E B prpdudamia (^Siptoti&T 
mus rcdtam H Qjn quocumque cafu maiorcm cflfe ricda H 
patcbit omnia punda rcdae E B etiam inferius fumpta 
cxtra curuam iaccrc 9 vndepatebitdidam reflani £Btan« 
gere (ectuidam curuam in di&o pun&o h. ReAa HZ eft 

■ 
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icqaalis ex c<>iiftniAione curuae O D , hoc cft iiuhiiutciu^ 
uarum O R> R D. Cum autem reda R F firportio tangen- 
tis R b infcrius fumpta crit ex confe^ario primae buius re- 

R F maior curua R D, idcoquc fumma curua: O R & re- 
^2 KF erir maior fumma eiufdem curux O R & curus K 
D i fumma autem curuae 0 & & ledae R F cft aequalis vc 
mox probabimus redx H Qj fummx vei 6 curuar um O R^ ' 
R D cft aequalis redae H Z cx conftrudione, ergoreda H 

fempcr & in omni cafu maior eritapplicatS H Z. Idco- 
ciue rcda EBindi^o pundo £ cangct fccuodam curuam; 
Piobandum amem reliquimUs differentiam curuae O R 
ttdat R SaBquari rcAae V Y,ducatar reda E M par^llela axi 
& occurrat rcdae V Y produdse in M. Ex conftrudioneeft 
vtEIadIBitaRCadCI,fed vtEIadlB ita Y Vad VBi 
& iia Y M 5 ad M E , vt autcm R C ad C I iu R S ad V I, er- 
goytYMadM£,itaRSadVL Suntatttemjre^ae ME» 
V I asquales proprer paraHdas , ergo rete Y M> R S enmt 
a^quales. Sunt autem a:quales ctiam rcda: H I , V M, ergo 
differentia inter redas £1 3e M Y crit rcdla V Y. Sedrc^ 
£1 ex.confirudionc asquatur curuae OR.ergo diiferentia 
inter cuniam O&.-iBc 'iedam;M Y.fiueipfi a^ualem HScas- 
quabitur rcdac Y V. Qttod priiii6'crat probahdimiA Noc 
diffimili ratiocinio proccdct dcmonftratio infra applicata 
£ I, du^acnim leda £ P parallela axiyprobabimus redam 
■Qf «qualeny e0e itiflk R J^. :£ft:jqnim»3ft£»lad I B ho^left 
!QH ddif 2hocQft!Q:P!a<itl^J;itaioaa RtChd CI hoe eft 
RF adjI H. Suntautcmaequaks P E> J H> ergo 6f rcda: 
-PvRF. Reaaautcm HQ aquatur rcdis H^*, P Q, qua- 
jum prior P xquatuf^rck^^a^viE fiue curuae O R , pofid» 

i » 



Digitized by Google 



' fiimma curuae O R & vcdx R F eft scqualis rcdas H Qjuod 
fecundo loco fuic probajidani. Patct itaque re^am £fi in 
punfto £ fecttodam curuam cangere. Quoderacdemon- 
ftrandum. - 

Sit iam in p. Fig, curua noftra parabolica G K A cuius 
ahitudo A£, femibafis G £ , redum latus A C> cuiusnona 
parsyTC fupri fit C D ^ rcda AC bifariam fecetur in B : 
A priori hac cuni&.fi^rmetur alia verfus punAum Gquc 
fic GNS occurrcns axi prioris inS^ 6c nous huius curuas 
propriecas haec fit vt fumpto quouis pundo vt F, & ercda 
perpendiculari FKN occurrentc duabu^ curuis in K & N, 
teda FN fitiempcr a^qualis curuse prioris portioniGK. 
pttOMin' parallda bafi K M > fic ad idetii pundum K dttcatur 
reda T K H cangens priorcm & occurrcns axi in T & bafi 
in H. Per pun<iium vero N in fecunda curua ducatur can- 
gens iLN X loccurrens bafi in a pundis quibuflibcc in 
dl ex vtraque pane fumptis- irt.&*6t X denrinantur in ba- 
fim perpendiculares X Y & &V. Ex pnecedcitcibus patct 
quadratum cangentis K T in priore curua ad quadratum F 
^jfiue quadratum KLad quadracum F V cfTe fempcr vt re> 
dausa F £ -vna.cum re&a: A B ad ipfam A B.. Sed vt quadra- 
totf K TadqmfdratttmFEfiuead qiiadratoiti KM itaqua- 
dratum KH ad quadratum HF propcer parallcUs, crgo 
quadratum K H eftad quadratum HP vc rcdaFE vnacum 
AA ad A B. ' Vt autem quadracum K Hadlquadratum H F 
ita ex^raeckdeAte propofitiond qiiadram»Ted«:^E N 
quadratd TeftoFli Cucn ebim caetcnixxii iUiui ^ropo^ 

fitionisfinc proportionalia, erunc proportionalia & qua- 
draca. ) £rgo quadracum N F adquadratum FI eft vt reda 
F vn& cum A B ad A B,ac < arojopcn|t» quadraca duo N 
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F & F I fiue vnicum quadratum N I eric ad quadratum F I 
vc F £ vna cum A.B bis aid A B. Sed , vC jqnadratum N I ad 
quadratum F rita quadratum RN ad quadratum rc{kx F 
V cx vnapartc, & ita quadracum re£tx NX.ad quadratum 
ie<^2BFYex altcra. £rgo fumpco quouis piiii&oiiiitaui* 
da liac cnrua vc N> eft femper vc quadiatum (Kiicidiii 
geotis ad illud pfooAmiidodccraltenttni pait&ad qua^ 
dratum portioms bafis ipii oppofitas, itafummareda: F E 
vna cum ABad AB. Siigitur bafiGEponaturiadircdum 
i*cda£OrcdGe AB dupla^ S^adpiui&ttmrO^gacafpep- 
peodifnfairis OPipiiAfi asquaUs» eritldBpcr.ftquaara* 
tum portioiiir N R in Mc ftoMidi carift ad'ifttadianim 
portionis bafis F V, vcl vt quadratum portionis tangcntii 
N X ad quadratum poitionisiiiaitsiE.Yj ita soSU BO id 
re<^mOP. : 

. His iu fe liabentibiis» patct cineras iiBLiiifiiiinim cmas 
modo quemfupri^iAdkmmiis^lc&rdieiiditteiiiscffemi^ 

xurae , vt in 5. v. g. quadratum portionis tangifentis ad qua- 
dratum porcioi^s baiis ipfi oppofitxj iit vt porcio baiisF 
E ioicium fiimens k ponAo F in quod cadic poipendicularts 
i, pm&o contaAns so bafim dnoifla, vol ciipift seftftA B ter 
fumpti ad ipfam A B. In^ curU& erit vt quadracum por* 
tionis tangentii ad quadratum portionis bafis tpfi oppod- 
tac vt rcda F E vnl cum A B quater fumpta ad ipfam A B. 
£c Gc dcreliquis igiriiiahuiuiEadcio^imitinpibr dembo» 
AraciO) vt cnidkos.'dl9i»aimdbiii :^aibiialocikm 'liaben 
' Ncc (tifiiciUs^hOc iuppoiico ad tbcorca^ gcocialg ciic 
aditiis»' ' . • ' 
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{"^Std in Fig. lo. curua nodra.fonibolica £ A , cuius axrs 
i^AI| ieaiibafis I£. Ab cS fbnpccur fecunda curuaEX 
Y:2 0 cmime^&tMMiiyt fupra dikimus^ vc qua&iiisappU* 
cataGXik aeqinlu^potnoai.pnoris.cwiMe ab appUooca 
illa,^uii^iiis vocare pcrp^nciiciilarem» abfct&. Dintda-* 
liur bafis in quotlibct parres aequales EF, F G, G H5H I & 
4acaBCiir a.pttBdis F C y H pqrpetulicularcs fecantes no- 
uaittJiaiicfccuiiikm curuamin4>un&i^ X, Sic priori^ 
aitiwe-iKAubi.Uuii83^D,aquo aUcindaturnonaparsCD) 
& rcliqua A C bffccctur in B. Rc^as A B bis fumptx fiat 
atqOallsTeds I K qux fit inclfrcdum bafi, & ad pundum K 
crigatur pcrpcndicularis KL aequalis red£ AB. Perpun* 
duasfCtcaxeniiK^ imffMifflWur defcribi parabolafiinplcx 
fiueJVitciiiinadea' dnufiriddS^ ficillaifiafabola 
R M OQ^A pundisE^FjGjH,! ducantur pcrpcndicMkres 
ad axem 5c ofcurcn^es huicparabols in pundis Q, 

Mhi iBst fOrpUkcio pratccdentis cum curua B:X & £x fe- 
ismilis^£x6lm irfddiBr^inaiii (iBitfdrBiataaa:caiioQili^uam 
iacnifcspditsczpMouimtts |;&quitfiv:ftftA 
pun^vt Y, & duda portipnctan^cntisfYTeffcvtquadra- 
Cum Y T ad quadiaf um G HiiH rcdam K G ad rcdam K L : 
iisd.tii>iKdi|nQi^adgiiicAafla£i&ii^ 
dniUalcdbngthiiriteg fiaftiyMBiaaito^ibBBx na^wiaMft^ 
tcm parabola:. fimpltci s rc^tanguhiiti GtCL taequatur^oa- 
drato applicatae G O > ergo quadrauum Y T cft ad quadra- 
cum GH vr quadratum (J-Q:ad qi^^drarum KL^ idcoque 
vt rcfia Y T ad rctfUm cyiM tcai G O adrcaam KL;re- 
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datlgulu itaque (utx^ucmis xqtiatur re^aiigula fubimo^ 

gulo rabKLmf f^Si igicordUeftfitandiaetangentesER» 

X S & Z V occurrentcs pcrpendicularibus in pundis R , Sy 
V pfiobabitur fimiiiter re(^iigulum fub Q£ ia El^.xqiian 
re^laiigolo Cttb K L inB:Riiteiiiiedangulumfub ppinFG 
atquari xeftangulofub i^LiiaX S 6t ficdoveliqut^^niiofFv 
nitum y vnde candem per abdudfonem ad methodum Ar- 
chimcdeam pari quod in 4. propofitionc huius indicaui- 
. mus artificio, conficiecur 6c conciudetur fcgmcntum para-. 
boiieum E QJkd I i^(}U«riTCdangidb:fubXL 
curuam £ X 6 ficut & fingulafcgmenta pacabolica,£ QJ^ F 
V. g. rcdangulo fub K L inportionem curuse E X, velfeg- 
mentum E QO G rcdangulo fub K L in porcionem curua?^ 
£ X Y in infinitum. Daatur aucemiiaiie^ilineis hxc omnfa 
(egmeiita paraboiicia eit vi quadratitrs patibolarab Acchi-: 
mede demonftratar; &fiatttr eti^cedaK L. Ergo dantur 
cam cota fccunda curua EX5, quant ipfius portioncs EX, 
£ Y &c. pcr redas pcrpendicuiarcsadpiuuftaFjGdacaab; 

Ad teirtiae curuae cum red& datiasqualitJMCflisfiaiiliafiet 

con({ru(^io,ni{t quod refta IK pohctdr tripla redas A B. In 
4. curua cadcm I K poneiur quadrupla red« A B. Et tan- 
dem gcneralis iiker omnes illas ia iofiniium cucuasaprio-^ 
re xleriuandas ica ftatuecur ratio : enmenoinpe fingulc in* 
tei (e vciegiiieata (tanbdlica.ciufiiteltenb^ 
dcm altatudiob qux i^ertic&iparabola: diftabunt per rC'? 
dum latus toties fumptiiqilijuptae eruat ia or^e jcuruae 
inter fc comparandx. _ . ■ !/ ' . . ' 

ExcmpUs. fitiaJu£ig^cu«aMrf^^ 



ettiii9axis Af» rcmrbafis £F,.redLun Utus AD»iqua 
ijomfaL nomifparte CD^jrtU^ui A-GDUyteeiur 
]prinui ittft cnrva fiwmoi» IfeQWida B QS ciutf nanir» rc 
fanipto quolibct pundo in bafe N icdz N O perpcndicu- 
iari» ad baTim 6& occurrens curuis in M & O, Cit a?quaii& 
portioiii pcioris curuaeEM* A fecumda fornietur tcrcia.£ 
VR ifliqiiarcAa HVfic ftquaUs poctioQi fccuaidje curuc: 
-E O. Item i cmia E V.R Jbimccur quarca E X L in qua rc- 
6ta N X fit aequaiis portioni tertiae curuae E V. Exponatur 
feparatim paraboia (impiex fiue Archimcdca cuius axis in« 
£nicil8 G KQY>f citcx G^redum lacua G H aiquale reaai A 
K Quarrtcurracb Tcrbi gratia 4. curuac E X L ad primam 
£ M A. Quia priof ex iftis efl 4. ordine , ab axe abfcin- 
dcnda eft G Y quadrupla rcdi latcris G H, dcindc ponen- 
daipiii indire^ilm reda Y 5 aequalis femibafi £F & du- 
cendx applicaci& tt&m XT^^K Quia vcrd poftcrior ex 
duabm comparandta«ft pt inm oriKne, abfcindenda cftab ' 
axe refta GK rcfio latcri femcl tantiim asqualis, dcinde' 
ipfi poncndain dircdQm reda KQ^fcmibafi ctiamEF 
sequalis ficducendx applicatx KI, QP. £ric exdemon* 
flratiiiScc^aoargcnecaU ab iUis dccbdoi vc icgmenCum 
prfrabdBdbM >t TM^vad-rQgmentma paralM>licu K I P Q^, 
ita quartal curua E XL ad primam E M A. Scd ratio fcg- 
mearcorum paraboHcorum incerfedata cCtcx Arcliimede, 
cfjo ^ ratiq cuniarum inter fedatacritf daca eftautem 
pfifaa<^4icM U>iil | iuiM ^«bcB>igicnf ipfi rc^ ^ 

datat «qualis :rfcgtiarf potieft 3c pcrpcciia illa racio re- 
isiota > libear ^ parabolaj ad phrafim Geomctricam opc 
regulx tantiim & circini accommodari. Quod autem 
Jk 'UiiiB iimi^^dM^i^ 4& A.ain0iiab dffiduiftom i&^ 

idcm 
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idem de pordbnibiis jllarum curuanifn incer fc compar 
randis contingere beneficio fegmentorum pataboUcb* 
rum portiones femibafis ipfis curoarum portiombtts op- 

pofitas pro alticudine habentium quis non videt ? • - 

Nihil autem ncc de folidis ex didis in iniinitum cur- 
uis, conficiendis^ nec, de fuperficiebtts ipforumtcilrii&y 
. nec de centris grauitatum auc linearam iftanim 9 aut di- 
dorum folldoram, ant fupcrficierum cuniartmi adiungi- 
mus , cum mcthodi hac de rc gcncralcs k fummis & in- 
fignibus Gcomccris iam vulgatae i&z omnia poil cogni«> 
tam fpecificam curuse datx proprietatem ignorari noa 
finant, licet in multis cafibus propriam ab vnoquoque . 
adiungi opcri indufiriam nou inutile futurum ^xiflime- 
mus. ' ' 

Scd aatequam manum decabulatollam fuccurrit exa- 
minanda fequens propofitio. 

Sit in Fgura is. curua nofira parabolica C O A , cuius 
vcrtcx axis A femibafis CB. Ab ca formcntur ahac 
curuse infinitx mo.do quem iam explicuimus, non ex par- 
te bafis vt fupra, fed cX parte vercicis. Sint iUx curux a 
prima effingendai A I A G E in infinitum ea condi- 
tionc vt fumpto ^outs pun^ftib^^HNfe^ & duda ad axem 
pcrpendiculari D O I G icccuuc curuas in pundis O, I, G, 
rci^a DI fit in fecunda curua iempci: xqualis portioni 
primse curus A O aJtf^n rcda D Q in tertia curua fit fem- 
. per squalis portioftf fecund^ curuae AI, &fic ininfini» ' 
tum. Huiufmodi omnes curuflE non folum fpccie intcr fe 

a prima A O C, different fed ctiam ab iis quas ex parte 
balis fuprl cffinximus. Quxritur crgo an curuae illac 
omnes A I F ^ A G E &c« fic in infinitum eifingend» ^ da- 

o 
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ck t/^&i$ y^ix vcro aliisciimis fint ae^qualcs ^ Inquiraiit iilud 
Gcometrae , & miroiculum augeri cxperientur. ' • 

iwh ii)ahQdij|ji9bu3 vcuntur ad dimcnfioneiD cur* 
uarum, Gnt gencfak» & ArfBcicntes, quodipfis afiirinafi- 
tibms titdubium re^earctQbii aufini, primo^ Aacim ob- 
^ui;u ik^m fa^a^i habetHiQt, & a Uborefupcrduo Geo* 
i^tnm^msi.im§Uiim libcrabunt. 

Si quid antim in fuperioribus demonftrationibus con« 
d/Cum niwti iauemoiifiti id ant (iipplettK > rogo , aut con- 



'Pai^* la. lin. 4. fcribe F X pro G X. 
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APPENDIX * 

VD DISSERTATI ONEM DE LINEARVM 
* conmum cam lineis leSds comparacione. ■ 

^tWtimitqikmin pifftrtstione propofiimns qu^fitni fiui" 
fiat fpramuteniU yidcntnr propofitiontf Jiftentes. 

• 

PKOPOSITIO PKIMA. 

^ I N T in figura {yritn&duae curox A I F, 5 Z 8, quarum 
)axes A Eo 3 7 fint imcr fc scqualcs. Ducantur autem 
daxcs applicatac quotlibet qux ia vtraquefigura xquali 
vcrticc mteruaUo dificm* Sint cxanpli gratii applicatat ^ 
rioris B M, CI» DH» EF : pofteribris ver^ applicat« 

nt 4^,51,5957 85 &fitred^a A B qua: dcfignatintcrual- 
im applicatSE B M i verticc, xqualis redse 45 quse defi- 
nat interuail um etiam applicatat 4 1 i vert icc. Sit pari ter 
: A, atqualis 53. Item D A aequalis 5 U denique E A^quod 
m fuppofiienuiTUSjaBquatis 7 1. Si fingui« ex applicatis 
ntfemperad abfciifas pertangentcs ab axc , in rationc 
^rrelatarum , hoc cft fi dudis tangcncibus ad punda Fy 
^ Ij M> ex va& partc»& ad pun^a 8, Z, T, ex alterl 
mpcr contingat WtpplicafaFE fctbifgrattt fit^ ^e^ 
am K E quam tang^ens F K abfcindit ab txe , in eadcm 
itidnc,qu^ cft applicatae 8 7 ad rc<^am 7 a qtiam tangens 
t ab axe paritcr abfcindit* Item applicata D H fit ad 
>fcifftm ab^axe per tangeritemquae ^ictir td punftufflr 
\ YtappHcttai^ t4 aUciflamabdlieper eangf^^m 

6 
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pundum 9. du(^am & Cic de rcliquis. Alo duas iftas curuas 
AVfizi* eifc inccr fe squales • imo & (imiics ideoque . 
cafdein ^ Sc^^ipplicatas vnius figurae applicatis alterius 
quae i vmice acqualitcr dilhnt efie pariter acquaIes.D'udi$ 
cnim ad punda H, I, vt in prima figura portionibus tan- 
gentiu H 0> I N> M R> qu£ occurranc appUcatis in pundis 
O, N, R. Itcm diidis portionibus tangencium in fecundi 
fi^r& p V9 lY, TX quae occurfant applicatis in pun* 
dis V, Y>X : cx fuppofirione vt F E ad E K in primifigu-' 
ra 5 iia eft 8 7 ad 7 2 in fecunda : fed anguli ad pundla 
E & 7 iunc redi, ergo criangula F E K, 871 func fimilia : 
vt crgo FK ad K E, ita 8 2 ad 7 a. Sed vc F K ad K Ejica 
(produ^l applicau O H ai puodum G ) reda F G ad re- 
Aam D £, & vt H ad j% tta ( prbduAS applicatl 69 ad 
pundum P ) rcda 8 P ad 6j. Ergo vt reda F G ad redam 
D £, iurc(^a 8 P ad ^7. Sunt autem rc6tx D £, d^^asqua- 
leSiciimffe&e.E A&73>iceioreAa^ D A &65.fincjnter fe 
a^quales : ergo & porriones nngeotium F 0, 8 P cnint in^ 
ter fe acquales.Similiccr probabimus porcionem cangencis 
H O aequalcm cfTe porcioni cangencis 9 V j item portio- 
|iem cfiHgcntis I N ^qualcm eiTc ponioni cangenm Z 
4eniqMcporttQiieni timgeiitis M K atqualem c^c portibni 
tangentis T X. Cum ergo feries tangcntium'in primi figu- 
ra fit aqualis feriei cangentium in fccunda pcr abdu^io- 
nem ad impoflibilcmorc Archimcdeo facilc concUiditUf 
curuam A I F^curuac 328 aequalem cfic,quod prisio locb 
^t projkanduai V & conduditur-p.orriones 
euru«eorrelatas€fleitttcrfeae:quales, porrionem ncmpe 
F H portioni 8 9,porcioncm curuse H I portioni p iic 
^i^iquis. SupCfcQprobandum applicatas pariter vnius 
$gur» afylicaris alKriiiae£(e asqualcs. Om ex: (vffo^. 
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cione applicacae rint femper ad abfcilTas ab axe ptr tan- 
gentes m eidem vtrobique ratione , eigo anguli F 
P87 quifiunt ab iiiterfedionetangentittm 6t appiicata- 
rum erunt inter fe aequales : Item anguli O H D,& V 9 5: 
Item anguli N 1 C» cic Y Z 5 : Denique anguii R M B , & 
X T 4*Cum ergoportiones omnes prioris curuae F H 
I M» M A> fint «qttales portioaiblis pofierioris 89 » p 
ztjT $ (ingulxfingulis^ imo & earumdem portionum 
fit eadem vtrobique inclinatio ( inclinationem enim cur* 
uarum metiuntur tangentes .quae in vtrique figurasequar 
iesiemperi Vc probauimUSy cbnficiunc angulos) ergo 
curuac AMIH-F» 3 TZ9 8,non(bliimfimtincCT(eaequa* 
les, fed etiam fimiles : Vnde fi intelliganrur altera alteri 
fupcrponi, congruent omnino , ideoque non foium axcs 
fed applicatas aequalcs aut eafdempocius habebuat»Q{i6d 
(ecundo locofititdemonftrandum. 



PROPQjSITJp.SECVNDA* 



rae A O D^ X I quarum axiesfint A C> XF , femiba^ 
fe$ D C» G F, 6c fit ierhi gratia vt cubus D C cubtu» 
applicata? B O^itaquadratum C A ad quadratumllX:^ 
flmiliter vt cubus G F adcubum applicatac I Y, it?ir^uadra-. 
tum FX ad quadratum YX. ( Llcet enim .propofido fi^ 
gencrdis alparabolftiioftr& non difcedimus ^ dt snnemH^ 
amvnius a4 f^^irfbii^tti^iaiii^^tthf^^ 
fem nempc vt axis C Aid fcmlBafcra D C > ita axis X F 
ad femifcafc?n'G^F; Aio diiais haftc^rabdlas fc 
inratii6^ea»tthi) veKemiba(ibm, hoc eft'Curuam A O)> , 
' effe ad eu'rua'mX I G axis AC^ axem X F, vel vc 




U X 



> 



ncs cx fuppofitiqnc funt caedcm. Demonftratio cft in 
promptu* Secctur cnim vtcrque axU in quotlibet partes 
squaleS) duas uncuoi ad vitandam conflifion^m & pro» 
lixitaiEeiii affuniemus. Seceuir ergo bifariam axis A Cf ia 
10 B) tc axis F X in Y, & duAis applicacis B 0,Y l, ducaiw 
tur ad punda D, O, tangentes D N , O M quarum prior 
occurrac applicaca: B O m pun^o pg^ior vero re^ 
A V appUcacis parallclac ia pMoAo V. Icem inalccrafigura 
discaacQf ad punda cangences G K» I S, occnrrencea 
applicatse Y I Ik ipfi parallelae X R in pundis H,R: cx fup* 
poritionc cft vt D C ad C A,ita G F ad F X. Scd cx natur^ 
iftinsparaboles rei^a C A cft ad C N abpiiftam per tan- 
gencem yc a a4 3 • Icem re^ F K eft edam ad redam F K 
pcr caogencm aMciffam ▼€ a ad 5. Ergo ex«quo efl vc 
DG ad C N ica GF adp K. Sunt ergo xquiangulatrianr 
gula D N C, G K F. Ergo vt D N ad N Cita G K ad K F. 
ScdvtDN adNC,itaDEadCB,&vt GKadK F,ita 
G H ad F y . Efgo Vt O £ ad C B ica GH ad F Y. SimUicer 
prolHibicnr eflTernQ V ad B A, ita IR aid X Y. Cum crgo 
portioncs axium A BjB C ex vnapartc,6t X Y, Y F cx alte- 
Jiia,(int inter fc 2eqH9)cs>e|:go vc omes ijangen^iumpofcio- 
i> 0,V.i|4 w>fnm,aiftcm ka omnc^ tangei^ium 
fMllflMlt QH 9 t^R ad coim ^^^^ ^ Omc^ atHMi 
porcioncs tangcntiuDi D E, & O V & plures, fi opus fit, 
b^neficioabdudionisadimpoiribilcvtiamfxpiusS; indi- 

Hem Amm ^^t^mmtPPm. 9HrM plima 

^zm 1 opus^i y defignw CQtgqfi cunp^ Eigo 
CPrua DOA adaxem AC> icacurua GIX adaxem 
XPi/l^ yiciflim &: ^oimcrxc^ndo , cric axis A C ad axem 

3U^d(tiin^a%^Ii^7« iypofiiiniin tAMmJSf^M 
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curua D Q A ad curuam G I X* Qiiod erac demonilrai^ 
diun, 

PROPOSITIO TERTIA. 

ESt o in 5. Figura curua A O cuius axis A C , bafis 
C O, & ab ea intelligatur formari alia curua eiuf- 
dc{Q & axis Qc vcrticis m qu& applipatae fim fcmpcr in ra^ 
cione applicatarum priofis curuaC} fit nempe i^tbafi$ C Oi 
ad ba(im C V, ita applicata BP prioris curuae ad appli» 
catam BR poftcrioris curuj: , 6^ ira applicara D E ad 
appfi^catannkj& N fic in infinitum. Si ad punc^um quod- 
libci priofiis curuat vt O ducatur tang^ns OH cumazc 
conucnicns in-punf^oHj fi{ continueoir C O dontc oo' 
currat fecundae curaat in V. AIO redamquas pufiAa V & 
H coniungir rangcrc fccundam curuam , & fciiipcr con- 
tiugcrcvttaagciites.correlacae in vtraque curua adidcm • 
punftum axioccurfanL DucaDUvdMn applicatfle-frPlt^ 
DEN»occurrentcs€uruisinpundis'P, R, E^N» Sc reOis 
O H, VH produdis , in piindis Q^, S, F, M. Si profeaue* 
^imusredam B S fupra rcitam CVdu^lam, fempiirh^ard^ 
rem eflc re^ B R : item rc^am D M infehus dudam efle 
etiam femper maioicm appUcati D ^tbit icOUk 
M V SH cangerefocmMfarili caraRiMiipiitiao V« BtxfckiP^ 
flruAionc vt C O ad C V itacft applicara B^P ad applica- • 
tani B R. Scd proptcr parallelas C O V, B quae fccan- 
ttir a tribus teAis C H, O H, V H arf idem punRfium vcr^ 
gentibcsy cft cduiiBtimCjOi adC V ita«9£te t(^ad rMilil 
B S,ergo v( reaaSPiMlffeaamlftRsivacft lelbi BQ^adrc^ 
dam B S,& vicifTim vt rcda B P ad reaaftl B Q>icadftteaa 
BRadrc^amBS.Ciim autem reda OQH cagacpriorem 
cumam ntpundbX>| scteiB Qjcrit maior xdfta B^P^ erg6 
ctiaoLscfti BS oH a i i u#ii < to# j»>X^d pfimo 
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fuit probandum. Nec diffimilis in applicata infcrius fum- 
pta erit dcmonftratio. Ex fupporiiione enim cft vt C O ad 
C y ka D E ad D N, & propcer parallclas eft ctiam vt C O 
adCVitaDF adDM>crgovt D£ ad DN itaeflDF 
ad D M leaautem DE hntiior DF,ergo& D N ipfa D M 
minorerit. Rcdta ita^iUcMVSH inpuQilloV cangicfe« 
cufldam cucuam. 

• ' Lemmaadid^mdfeqmtur» \ 

SI T in 4. figura, parabolc noftra G I A culus axis A E, 
fcmibafisEFG tangcns G H, Conftituatur ad cun- . 
dem axem A £ aiiaparaboic ciufdem naturac FN A cuius 
femibafis £ F fic potefiate fiibdupla priprisfemibafis £G> 
tf^ liHnper centingac applicacam quamuis, n N O, appli- 
eapta: O I ad priorem curuam cfTc paritcr porcftatc fubdu- 
piam. Sic rc^um prioris G I A parabolcs lacus rcda A D, 
cuius Qona pars fic C D > & rciiqua AC bifccetur in B. 
DiiadW ad (ecutfc^ paiahaien.tiangcns ad punduai F 
r^ftarFH* qto tn j^denOpiiiiido H: imf axe conueriiet 
npn folum cx vi puopoficionispraeccdcntis , fcd quia cx 
natur#k i^Urpm pafaboUrum» in vcraquc, reda E A cft 
a4/^i%KMW vt 1 ad ex iopcrius dempnftratis. aio 
quadratiilii; FjB^ «d ^^«lAcatM^ vt eili^dhiiidia r4d^ 
AB a4 K^^^ni £ 0; lam cnini in propofitionc tertiadif- 
f^rtacionis dcmonftratum cft quadratum G E cffc ad qua- 
^MVP H v$ eft re;<^a A B ad r^amt E G. Etgo fumptis 

ppfuir^sie(fe4imldii99t.^iliAall'^ ErH 

. ^ca di^iiidiarcdse ABadrcdam G E. Probab musparitc^ 
(i rc<la F £ fit poccftace fubcripla rc^^e G E>liac eft fi qua- 
dSWSiiir:^''^ fid9ripii«il,^pMdcai^^ Etcfle vt quwlsatum 
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FEad quadratum E H,itatertiam partcin rcds A Badre» 
Azm G E.Et fic de fubquadruplo^fubquintuplo & reliqais 
m^infinuu. Cuin autem in rationerabdupia probauerimus 
eflc vt quadriifumE Ec^ quadratuai EH itadimidiam 
XB^adreMm.GE^efgD cotoponendo erit vt fumma qua- 
dratorum F E, E H, fiue vt vnicum quadratum F H ad qua- 
df atum E H ita dimidia A B vna cum G E ad ipfam GE, 

Si veroceda £ F iit potefiate f«btripla.rcaae G £,ciit 
vt quadratuiti FH adiquadratom itaterria pars AB 
vna cum G E ad ipfam G E, ' 

Si reda E F fit poteftate fubquadrupla redx G E , crit 
vc quadratum F H ad quadratum £ H ita quarta pars^A^ 
vua cumE G ad ip(am £ G > & fic in infijikum» ^ tn qua^ 
cuoqueapplicata idem contingee* ' V . 

PROPOSITIO IV. ' 

HIs prasmiiSatheoremageoeralehauddidBcuIcerde^ 
tcgimns. : * . . , . ' 

Sit in figura 5. parabolc noftra A C cuius axis A B, fe- 
mibafis B C , & ab eaformcntur aliae in infinitum curux 
A D, A E , A F quarura ca fir proprieca$-Vt duda qualibct 
applicara B C D E F , reda B D fit femper «qualis priofi 
curus C A* reda B£ aM|uaii$fecundarcttruae ADy ret^a 
BF «qualis tertiae cuiua? A E, idque fcmpcr in omnibus 
ad ilias curuas applicatis contingar. Aio omncs iHas & 
fingulas in iniinuumcuruas A D, A £, A F &cefle femper 
datis lineis reais aequalcs , perinde ac cuntas quas in dit^ 
fenatione ) dinerfa fic diifimili ex parte bafis mcthodo 
conftntzimus. ^ 

T heorema generale ita ft babet. Exponatur fcparatim 

cadcmparabolc 05 m «quaiiaomnino&fimilisipfiAG» 



cuiusideo axis MN aequaliscft axi AB,& femibafis ON, 
fcmibari S C. Separatiin enim ad vicanclam confufionem 
figmam conftrueiubm dmiimiig^ Fiat ic6a Nf tt&at 
N M pot»ftate dupla , rtAa N C^^eiufdem N M poteftate 
trtpla^ reda N R eiufdem N M poteftate quadrupla,& fic 
iniafiniaun» Manenre autem eadcm femibafi ON9 coa- 
firuantur paraheUe fttw^taccs Q, R.eiiifiiem cnm pt!^ 
lidiqlabjM^rAp naram^&fin^iUxb ^ p^o^ Q^sOi^R 
ft^Mopanibolam 64? cnrufli a d efle arqaalem^parabo- 
lam vero o 5 q curuie a e cffe a:qualcm > dcnique parabo- 
lam o 6 &CUIU2 a f eiic«qualcixi9& fic in inftnicum. Cum 
m jaoftr^s parabolis b 4 p t o 5 0^ o ^ r du^a appltcata 
3 4 5 5 , fit ibaperearaatura didanim parabolarum vt 
cubus rcdx o n ad cubum r&ftae 4 1 ita quadratum redx 
fiue axis n p adquadratum p 2 itcm vt cubus o n adcu- 
bum $ a ita quadratum n c^ad quadratum qjl : denique 
vt cubtis o ji ad cubiimd«.ttaqnadniiniii it r ad quadra- 
tnm R %. Patet ex prcdemonftratisin differtatione , fin- 
gulas cx iftis parabolis,rcd:is datis aequalcs cffc, crgo poft 
demonftrationem theorcmacls noftri generalis conftabic 
fingulas cpioqtte cjLCuruis a a»<a m , a f re^is datis xqua* 
kaiedie. . 

Demottftiam antem tbebremstis getieraUs hasc eft* 

Sit rcdum parabolcs iftius latus re(5hi a s , a qua fi dcmas 
iMnampactem s y, reliquam bifecain praido v & ad pun- 
da Q> DfM: dncancur tangentes ad nauas duruas g i , d 
B c q uae occocrani axi in piindis 1 » h; c« £z demonftratis 
in tertia differtationis propofitionc quadratum b c cft ad 
quadratum b i \t rcda a v ad rcdam b c. Et Gpmponcn- 
do quadsacum c i cftadquadratum si vt rcda a v vna 
cum a c adi c« Sed ex psopoficioae iem DiiTenatio- 

nis 



I 

iulyiff^cft qil»4n^eiifii taogaids G I ad quadratum B ita. 
quadratum redae B D fe habet ad quadranim redae B H, 

quam abfcindic tangcns D H : Ergo vt quadratum B D ad . 
quadf:acmn BH, ha redta AV viui cum BCadBC:Ec 
cdtflpoDCOdQ vt quadratum tangentis D H ad quadratUm 
B:H> ita reda A V v&i cum fi C bis fumptft ad ipfam B C. 
Scdvt quadratumtatigentis DH adquadratum H B, ita 
ex cadcm diflcrtationis propofitionequadratum BE cft 
a4quadrjl^um rcda: B C a tangente £ G ablciiTx : crgo vt 
qiuJiratumie^aB B E ad quadratum redae B g> ita eft reda 
A V vn^ cum B C bis fumpta.* ad ipfam B C. Similiter pro* 
babimusfi ducatur acl curuam E A applicata Z T K, fc- 
cans curgam A C in T, & intcUigatur ad pund^um K duci. 
umgefll^^curuam AK.£^ .elle.pariter vc quadr^ltam: K.Z. 
adquadrttumquaiti f^aiigclitper pilndtai K duda ab axe 
abfcindit^itarcdam A V vna cum Z T bis fumpta ad ipfam 
Z T. Etficfempcrcontingct, ^ 

Bxiponatur fcparatim advttandam confufionem cadcm* 
cmA A K£^ quoe 6x in figura feparau |d ^ A. Baiis X fir 
itaque a^qualfsbafi E tangens "hy tangenti EG, axis 
j2>. axi B A 5 abfciffa pcr tangcntem ab axc Sy^ abfciffae 
S.G.tiippU£at^ii4)>appiicatae ZK. AB hac curua xcp^i 
£qff|iieturidia;^minor69r^«eaconditione vt applicatat 
iWM iffius cufUfleiint fcmper fubduplas poteftate applir 
c^tacumprioris, vcrbigratiarcfta J^fl fit fubdupla pote- 
ftatc rcdac J^A, Item applicata fit fubdupla potcftatc 
wAsia^^iiUScAc^xf^.- Ducsaoiur in hacnouacucua. 
timgenKi^ aB piinfta ttSI». fty^ t 7.. &^ prxcedcntc 
ccrti^propofitionep^tet tangcntcs ^y^J^y^ adidempun-:* 
^um y ctim axc concliKrcrc. Itcm tangentcs ad pun^a 
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axeconcurrere, cumppIicataB wmtqttc figitV fific4(i<iii^ 
dem femper incer fe ntione, 

Exponaturadhucfeparatimparabole eiufdem cum pa* 
raboHs O M> O P &c. naturx , cuius axis 9 8 At sequalis 
axi M fiue A B , fme 3 ^ i remibaHs autem 8 X fit fub* 
dupla poteftacc fcmibafieos h3[ O » fiue B C* £c iit iila X 
II p ) ^ qua formecur alia ^it^^y cuius idem fit axis 9 8, 
applicata vero 8 -^/ fit aequalis curux X 11 9 item appli- 
cata 10 II 12 ficaequalis curuae 11 9 5 & ficde reliquis* 

Probandum primo curuas 09r|& Scv]/ i» 9 , elfeea& 
dcm»hoceftomnindasqualeSi & fimiles* Quod fic dc- 
monftrabitur. Probauimus quadratum B E effcad qua- 
dratum BG , fiue quadratum aJ" ad quadratum iS^y^ vc 
rediam A V vna cum C B bis fumpta ad re^m C B : ,£r* 
gofumptisanceccdencium dimidijs^ ciim pofueriinuif re* 
dam 6 } cfTe poceftace fubduplam redae J^A, quadratum 
redas SJ^eritdimidium quadrati AcT, ide6quevc quadra- 
cum 9 J^ad quadratum y > ica dimidia A V vna cum C B 
jcricadipfam CB. Similiterprobabimusinaliaqualibet 
applicata vc ttv^ cfle quadracum^ifad quadracum 97 vt 
dimidiam A V vni cum Z T ad ipfam Z T i & (ic dc re- 
liquis. Dirquirendum iam an eadem proprietas curuae 
'v^/ 12 9 conueniat : quod ita fiet. In curua X 11 9 cu** 
ius femibafis X 8 eftpoceftace fttbdupla icmibafis & O»- 
& axis 8 9 aequalis axi A B » ex lemmate fuperiori dn^is' 
tangentibiis ad pundaX, \predis X p, %|/ (T quadratum 
X8 eft ad quadratum 8 ^ vt dimidia re&a; AV ad re-^ 
damCB ( rcda cnim X8 eft poicftact fiibdupiarc^* 
C B) Ergo GompoQ«pdoqnadratamX|dlad qoadfiscttni ' 
8^4Vt dimidia A V vni cum C B ad ipUm C B. Similiter * 

fiiacclUgacurrc&a $ 10 asfU|Usrcftat AiLyboc 
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9tkiS.'tiZ Kqualkar k^fmct dijOmt^ 'qaadratum ttngcn« 

tis ad pundum ii du&x eric ad quadracum abfciflx ab axe« 
vt dimidia A V vna cum rcdz Z T ad ipfam Z T. Scd vt 
quadratumXg ad quadratum S^^^tcaexpropofitionerex- 
i^a diffcrcacioniseft quadratum appUc^tae 8 ad quadra* 
tum<a tangenceab{cifljae 8^9 fitfWnilicervtquadratumcan» 
gcntis ad pundum ii duda: ad quadratum abfciffe ab 
axc> ita quadratum applicatae ii lo adquadratum abrcif- 
laeab axeper tangentem adpundum 12 dudam.- Ergo vc 
qu:^r»ciifA \{/ 8 ad quadratutn.8 ojtta ^imi^lia A V vna cum 
B G ad B C. Sed in alia figura probauimus quadracum ap- 
plicata: 9 S cffc ad quadratum abfciflae a tangentc J^y , vt 
cft.dimidia A V vn4.cum B C ad C B : Ergo induabiiscur-* 
uis*v|/i2 9> Stt^ eritvt \|/8 ad;ab£ciflam3rtf» H^jappli- 
^^titiladtMc^Mm Iti^. £t toonuntbua aliis pundts idem 
fempcr continget , & codcm modo probabimus , nempc 
applicatamverbigratia 10 ii.eircadabfciflam atangente 
ad pun&um la duda> vccil tt 9 ad y 7 > & iic de reliquis. 
Ecrpriittam tuque propQfitionem huius appendicis cum 
curuse 9 12 6 tt f3 , habeaht oumdem axem 8t appUca- 
C£ fint ad abfcifTas ab axe pcr tangentes , vtrobique in ea- 
dem corrclatarum ratione^ill^e curux erunt inter feaequa- 
lcs» & ipfx etiam ipianim (cmibafes > & omnes fimiUtcr. 
appUcataBivcrtifi€aquidiftjyit68.Ex conftru&ioneautetB 
icmibafisfvl/ 8 eft aM|uali$ curue X 11 9 • Ergo curua X ? r 
9 eil acqualis rcda: fl j". Reda autcm 9 eft poteftate fub- 
dUplarcdx J^A cx Conftrudione : Ergo curua paraboUca 
X tt ^iflfrpotdbtefttbdvpUfttteA : Rc&aautem 
^SMjuaUs Tc&m Bfiy Ab reda B E fuppofita eft in conftru- 
dionccuruarum aprimariaAC dcriuatarum xqualiseiTe 
caicu2 «^Kgoparabota X u^ cftfubdupia pocefta- 



tc curux A D. Sfcrf «idcm iufiia X li 9 eft iubddpli 
potcftatc parabolae O 4 P , bafis cnim X 8 cft fedta po^' 
teftate fubdupla bafcos B C duc N & fimilicer WxU 9 JjT 
fiue AB^fiueNMcft poteftatc fubduplus aiisNP : Cim 
ergo parabolx O 4 P, X 11 '9 fint eiufdefn naturtt,dc tait): 
axis quam bafis parabolac X 11 9 fint poteftate fubdu- 
plseaxis & bafisparabolae O 4P: Ergo & ipfa parabola 
X II 9 expropofitioncfccundaiMiiusappendicis.eritfiib-^ 
dupia parabolx O 4 P« Cum ergo vtiam probaiiimus ta- 
dem parabola X 11 9 fit fubdupla tam paraboisK O 4 P^ 
quam curuae A D i curua A D , & ipfa parabola O 4 P 
crunt intcr fe asquaics > quod crat demonfixandum^ Nec. 
diinmiliadprobandam curuam A£ xqtudem efle pariH 
bolae O 5 Q^vtendum artificio. . . i • 

Cum cnim quadratum B £ efle ad quadratum B G vt 
cftrcda A V vna cum B C bis fumpta ad ipfam B C, pro- 
batumfuerit j .ergocomponendo 6c vltcrius progredien- 
do erit quadratum tangentis £ G ad quadratum Te&« 
BG^Vtreda AVvnicumBC terfumptaadipfinnrB^^ 
Eft autcm cx prxdcmonftratis in fcxta propofitionc differ- 
tationis vr quadratum E G ad quadratum B G, ita quadra- 
tumBl^dd quadratum abfciita^ ab axe pcr tangcnrEm lad 
pinAam F du^ni : £rga qittSfanim' ^ F erit iid^quidf^i 
tum illius abfciflx vteft rete AVniieuroiB C ter adB C. 
In reliquis imitabimur omnino & fequcmur vcftigia dc- 
monftrarionis praeccdcntis > nifi quod in iigura fppamca 
poftqn4m AiTfueritfadlaa^qualis ipfi,BF,rcAa<j^ftfief:fqb-> 
tripla poteftate ipfius firp vd ^h;ci^*7(lp jS^> dlmisr 8 A' 
iiet squalis $ curua dTrfi eius crit naturflt vt omnes appH-^ 
cat;E fequantur rationcm bafium Acf, 9 In alia autem 
figurafcparauin ^a curus 9 11 X ^ ^-la i J€&» 
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